Spector first constructed a function h whose degree of recursive unsolvability is minimal-that is to say that any function recursive in h is either recursive or of the same degree as h. Define a set Q of degrees to be an initial segment of the upper semi-lattice of degrees of unsolvability if αeζ> Λ & < α.->. beQ . Specter's result can then be interpreted as saying that a certain partially ordered set occurs as an initial segment of the degrees; it was conjectured that the same is true for every finite partially ordered set which has a least member. Sacks then constructed two minimal degrees a and b such that a U b has a, b, 0 as its only predecessors.
In this paper their methods are extended to obtain the following result. Let T be the upper semi-lattice of all finite subsets of N. Then T can be embedded as an initial segment of the degrees. From this it follows that any finite partial ordering which can be embedded as an initial segment of P{B) (the power set of B), with B finite, can also be embedded as an initial segment of the degrees.
We will define a function h containing a countable infinity of functions h i9 each of minimal degree, such that h h U h iz U U h it will represent the finite subset {i 19 •••,%} of N.
We first define a recursive function φ as follows: Let ψ(k) = (μn)((n + l)((n + 1) + l)/2) > k so that We will want to arrange things so that in the k'ih interval of g, the φ(kyth function (carried on the powers of Pφ( k )) will be the only one for which / 0 and / x have different values. (The reader who finds this sentence mysterious is encouraged to read the next few definitions and then return to this remark.)
Let Pi be the ί'th prime, and define recursive predicates P { and P as follows:
Thus P(x) if and only if x is a prime-power.
A triple (/ 0 , f u g) of functions is special if:
If (fo,fi,g) satisfies (i), (ii), and (iii) then we define F(f ϋy f u g) as follows:
If (fo,fug) an d (u^u^v) are special triples, then we say that (u Q , u u v) such that:
Suppose now that v(w + 1) is defined; we show how to define v(n + 2) and u^x) for i;(w + 1) ^ a; < v(rt + 2). Let m* be such that g(m*) = v(w + 1) and let r* be such that r* = (μr)(φ(r) = ^(w) A r + 1 ^ m*) .
Then define v(n + 2) = g(r* + 2). We also define u^t) for v(w + 1) ί < v(n + 2) as follows:
for ^(r* + 1) ^ ί < v(n + 2) .
It is clear that the triple (u Q , u u v) is special and has the properties (i)-(iv).
Let 0 rg α 0 < &i < α 2 < < α A; _ 1 be a finite sequence of integers and let h be any function whose range is {0,1}. We define h aQ ... ajc _ 1 as follows:
Where there is no danger of ambiguity we will abbreviate h aQ . 
and denote F*(/ o _, f_, g) by F*. Case 1. Apply Lemma 1 to get a special triple (w 0 , ^, v) satisfying (i) and (ii). We need only show that (u Q , u 19 
(Es)(En)(w)[s e F*

v) also satisfies (iii) (A).
But Case 2 3 . The hypothesis of Case 1 is false and in addition:
This hypothesis will be referred to as statement (j). Let s 0 be the least s satisfying the statement (j), where j is the smallest i such that statement (i) holds. Let
Apply Lemma 1 to get a special triple (u 0 , u u v) satisfying (i) and (ii 
One can easily find such a w by examining sufficiently large segments of /o, /i, flf, and K (i ...£ Γ . ak __ 1 . We claim that {β} w; 
To prove (i') suppose s,yeF*. Since statement (i) is false there is an n, a v! and a u" such that u', t&" e F* and £/m' = Ihu" and {β} 
, and Ui(m) -Mm) when m < v(l). Fixί ^ 0 and suppose that v{m) has been defined for ra <; ί + 1, that v(0) < v(l) < < v(t + 1), and that Wi(m) has been defined for all m < v(t + 1). We shall define v(ί + 2) and u^m) for v(ί + 1) ^ m < v(ί + 2).
We must first examine t to decide which of the infinite number of functions should be the one varying in this interval. If φ(t) -a ό for some j we shall use statement (j f ); if φ(t) Φ a ό for all j we shall use statement (0').
For each i <^ 2 ί+1 we define a pair (x if y^ of partial functions with finite domains. Let x 0 and y 0 be the partial functions whose domain is empty. Fix i so that 0 < i <, 2 t+1 and suppose that (#*_!, y^) has been defined. Let i = c o 2° + c^1 + ... + c t+1 2 t+1 where each c 3 -is either 0 or 1. We assume that domain of Xi_ t -domain of y^ = {m I v(t + 1) ^ m < 2} where s = g(r) for some r.
We define two initial segments, s and y: The assumptions we made concerning the values of u^m) for m < v(t + 1) and ΐ < 2 remain true when t + 1 is replaced by t + 2. We thus proceed to get functions u 0 , u 19 v such that (u 0 , u 19 
v) is clearly a special triple and satisfies (i).
We need only show that (u 0 , u ly v) satisfies (ii) and (iii) (C). As for the first, we must show that at each stage of the construction of u O9 u 19 v the choices made are made recursively in f 0 , f l9 g and that this is done uniformly (with respect to the stages.) The latter is clear since what is done between v(n + 1) and v(n + 2) depends only on φ(ri). As to the former, we choose, for given s and y, an n, a u, and a v according to statement (/)• We show that this is done recursively in f 09 f 19 g. Indeed (j f ) can be written in the form (s)(y)(En)(Eu)(Ew)(Ey')(Ey")Q (s, y, n, u, w, y\ y") where y' and y" are to be considered as Godel numbers of computations for {e} u (n) and {e} w (n) and the predicate Q is recursive in f 09 f 19 g. To make our choice we look successively at quintuples (n, u, w, y f , y") until we find one that works. Thus with the stipulation that where we said above "choose n,u,w minimal" we meant "choose n,u,w so that (n,u,w,y',y Proof. If {a Q < a L < < α A; _ 1 } is a finite subset of N then we shall have h aQ ... ak __ 1 correspond to it, where h is the function we are about to construct. Thus in particular 0 will correspond to φ. In order that this be an embedding of the finite subsets of N as an initial segment of the degrees it is necessary and sufficient that: We proceed inductively as follows: To do this we let This is the end of the construction. It is clear that there is exactly one function h in the intersection of the sequence of special triples and that this function has exactly the properties we want. The enterprising soul will see that in fact we have embedded T in the set of degrees <Ξ 0".
COROLLARY.
If B is finite, then P(B) and any initial segment of P(B) is embeddable as an initial segment in the upper semilattice of degrees of unsolvability.
(This result has been obtained independently by J. Shoenfield.)
I expect that any finite partially ordered set with a least element can be embedded as an initial segment of the degrees and that this can be shown using methods not much more complicated than these. Indeed, at first glance, or even second glance, it might seem that slight modifications of the above construction give a proof of the conjecture. This is not so; indeed, technical difficulties appear out of nowhere, and they even make it impossible to construct a degree which is greater than exactly three distinct minimal degrees, and nothing else except 0. It remains to be seen whether these technical difficulties are really essential difficulties, or whether some simple trick will enable them to disappear.
